Abstract. We use Jacobi theta functions to construct examples of Jacobi forms over number fields. We determine the behavior under modular transformations by regarding certain coefficients of the Jacobi theta functions as specializations of symplectic theta functions. In addition, we show how sums of those Jacobi theta functions appear as a single coefficient of a symplectic theta function.
Introduction
Eichler and Zagier [2] develop a theory of holomorphic Jacobi forms and show that Jacobi theta functions corresponding to positive definite quadratic forms are examples of such forms. Skoruppa [14] introduces skew-holomorphic Jacobi forms and presents examples using Jacobi theta functions corresponding to indefinite quadratic forms with signature ð1; n À 1Þ. In this paper, we use Jacobi theta functions to create examples of Jacobi forms and skew-holomorphic Jacobi forms over number fields. More precisely, we define Â ðKÞ Q;R;w ð(; zÞ, a Jacobi theta function attached to an arbitrary quadratic form defined over a number field K. We present two different methods to determine the behavior of Â , where a ðjþr 2 Þ ¼ a ðjÞ for r 1 þ 1 4 j 4 r 1 þ r 2 . Let K be the different of K, and O K be the ring of integers of K, and set À ¼ SL 2 ðO K Þ. The Jacobi group of K is given by
Denote the field of complex numbers by C and let H be the usual upper half plane. Let Q ¼ fu þ vk j u; v 2 C; k 2 ¼ À1; ak ¼ ka; 8 a 2 Cg be the full ring of quaternions and H Q ¼ fx þ yk 2 Q j x 2 C; y 2 R þ g be the quaternionic upper half plane consisting of quaternions with no j-component and positive k-component.
We write a typical element z 2 Z as z ¼ ðz 1 ; . . . ; z r 1 þr 2 Þ, where z j 2 C for j ¼ 1; . . . ; r 1 , and
Q and we write a typical element as ( ¼ ð( 1 ; . . . ; ( r 1 þr 2 Þ 2 H where ( j ¼ x j þ y j 2 H for j ¼ 1; . . . ; r 1 , and 
